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Let us consider natural &k in the following problem:
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We can take the following asymptotic expansion® (see also [1]):

k
(Lkl;%) = %(1 +O(1/k)).
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Let us assume that n = \/Q%(l + O(1/k)) and express k.
B

k =logy /5k +1logyn —logy(1+ O(1/k)) = logy /5 +logy n+1/2log, k +
O(1/k).

Let us apply the bootstrap technique assuming that k = log, \/§n+0(1og2 k).

We get
[ [
k = log, P + 1/21log, (log, ol + O(log, k))

T s logs k

m I log, log, /51
k = log, \/771 + 1/2log,(log, \/771) + 0(2—27\7/;)
2 2 logy /51
Since we started with the inequality, this asymptotic expresses a lower bound
for k.
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